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lsck (- Toesday, I1f3

. / W )
_Dﬂ_u;.b_) r wt Lets have sum . th-

A) e consider the sum of the plr{f Aowcr—mm{
Posd:w: m‘("ﬁz—rs. That 15, we look at sums hke

[+t 3t ...+ |
[+ 2+3+...+199,999
I+ &t 3tecat (¢).

Leé; cell the I&?‘ som . To compile d, we'll vorde
i down Forwards cund bockuwar s,c;wﬂlélwu add)
i cdvmns. Like this *

S= |+ d+ 3 +4 +5¢t. . Hn-D+n,
= n tn-Ne-QHn-Y ot ...+ 3 *+ 1.

AdA AS =(ne) * (el +(n )+ () #(ne ).+ (1) +(n+1).
Ec_o(f\ c,o'uw»l'\ O'F nuwl)cf) oh ‘{:Lc. [ ‘l sSours "'@ r\+|.

Tl'\are are n aolwun.s, SO we
9\3 = h(V\"’)\- SC)'V: 'por S :

/g: V_\M forwule for the sum o-f
a\ tl\c 'FIPS{ h U.)L\ole ’\UMBG"S

[+24 3t .. +13 = [2(13H) = 78,
X

E.g
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[+a+3+...t 199,999 = 199 ‘L‘{%.fw.oad
= 19999900002 , efc.

P)) A:'Nl)l‘CC'él(_:h to Rchhh Sums.

Exercasa

(1) Use o r’ljke eh& omt Riemann som, with n
eVe.u re fsﬁlﬁs, to a fro)(nmcﬁc.
the a.rm A vnder th= A of from
X= =0 to X=6

() Find A exo.c,Hy.

Solution ;
(o) Heres o picture
(nb/n,nb/n)

Gbnsbny ' A !
(2b/n,2b/n) X/ _—
(bin,bin) \7 A ] L0

-
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We heve -
RIGHT () = sum of areas of above rect les
=b.b +b.3beb 3b, +8Tnb
h h h N h »n n h
__-_E,_b_(lh?&?i-...i-h)
n h

b . nin+) =_lzfl. hn ='_£(l+_l_).
A h

by pert (A)™ — 3
1&\’& A X & n

{b) T&édﬁ the gxac:'* oree., ue le.f nVob., We
P Y
A: l'm —b—(l+.L.) -._b_}

N9 &\ n a
Sihee l/n S0 6s n-doo.

C) Just some wo.clay sto€€ about miimde suims.

Tn Pc..r'f (A) above, we compited the sumof the
first ' thve mf:ﬂcr‘s. Nows? e evalvote the som o'p
el rosdmc :wk:jers (ond ojei a 3or,>-tse)./

1) We fust neel to find
Lel=(*] =1 t1=[+ee (adl mFinchon].
To Ao ‘“\.IS, l&fs call ‘H\c S A :

=l -0+~ ] +] -] +.. (Wrie ;¢ ccom®
R I IR IO I Y R~
add: QA= 1+0 + 0 + 0 +D +O*+.,
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The first column on the raht sums o l; all ofbers
sum o Zere. So uue..j 02/4 1 or

’A= /.. \

A) We'll also need to pmg
[-& *3“'! +t5-6 t]-Ft... (o wfinitom).
To do so, lets call this som B¢

B= f'a +3 -4 +4 -6 1] -... U\Jn‘f:;‘lcﬁwu
R= 1 -2 +3-9 +5-6..
A&&‘&Ezl‘l*l-l'i'l‘l"'{‘

Tk-. ;\3 f“\n.b& Sl&e s o..Ld." L= chleoq A,a.éove. SO
AT

[
[B:_é]_:_'@:_l_
A & 9

Sihee, a5 e 3uns above, A< AA.

3) Finally, we evaluate the SO of all e m{:?ers
c&lll‘p‘f Co That s, P ’

Co (42 3 ¢4 516+ 1% Mumranl
R=1-3 + 3 - t8 -6 t[-Btea. MNow su!)‘ffa.c:l:
C-B=0t4 +O +S7+O+i&*0*/61
- Yy +R+IAHIG
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=4([+2+3+9+...)

=4cC.
So (-B=YC .Sole for C:
-3¢=f
/c= B =74 = -__I_\‘
-2 3 /12
Stmee, 65 weVe sechn, B= '".
“::re.rca.'l::
[++3+4tSt,., = =1

L :

the sum of all hue méc,sers s neler an
m{f_cjer nor Pmm .//

g
3.



