WuQ»e.s&mt, alio- O
Tl'\c re,a.' r\uw.Lo.r*s ond wwtble'écwe—ss. (See. 3,3,)

\

TL\C. rc,c._l r\uw.‘!&r‘s lR osrc ‘&t\.e. um%ue_ CoONa lc‘t':c_
echeon QlchQ., This weans IR 5&,-}59“,;:6’

(i.) VETI6LS £l&l£ GXlom.S &Scnkzﬁ bebavior o‘r
+ = % 5 (fexd, p- 13)

(l'i.\ M LOLS orﬂar aXioms Jasc:'zb:‘v:j bcl\m;tor
of 4,7 ¢,2 (texd, P:/‘l),

(L'i'b) -I;Lc mh.e_’g’twj oXlom, ‘bo bc axlolc..;ue_ap

beloys.

D_e,(‘m,,'l:lgni‘ [t S </R.

() T AmeR with m2s Vs€S, we call
m en upper bewnd) for S, ond s S is
bow-ﬂe—m- 1

(b) Define lower BM ond bounded below
bt-[ rr—lblc.—clﬁ. Mm2S with wm<s n (o).

(c) I‘P Gun vPFa‘ BouucQ | VN o'r S bolo S

£0 S, we call m the maxiwvin o )

wanllew m= maxS.

(GQ') The M InamU~ 0‘(‘ S, wr;l‘l&v\ M.W\S,
s defined cmol:sous"{.

E)(G-k?lcoio Lc.‘é
S=(01], T=33-%: neNE, U=8 V=/R.




Thew: :
* 2, “ 10,0 are lower bounds for S.
e S hes no waihimeuwe
* {=max S
¢ T I\cd NO ma X imuvwa
¢ &: mMin T
° 3,7, 'O‘oq36.r¢ urlac.r bounds for T.
* U is bovndef obove[below 601 ey
mEIR. max U ond] min U are
vudefined.
*V is net booude above or belows.

Definhewd. Let SE/R be v\-oncu..P"]'l{.
(o.) I-C d bow»&e.& 6.6@\14 aw»& wA

1S 'H\C $Mu¢$+ um:e.r l)ow\& FQF S) we er'e.
M = sbPS (the S UPre muwe of S)

(6) SImu(a.rln.‘, 'HN.‘. &v\.'Pe.w.uwu th'p S, I'P ;'}
exists, 1s the lczjes’t lower bound for S.

Exrguqzl:‘ de
For S,T) U, V GS m EXG.-«flc. .1)
“inf S=0, sup S= mox 5=1,
*mf T= minT= L, sup T= 3,
e i V and sup V arce uvndefined.

We con now s']'o.:]re.:

Tl\.c. Ccukfle_‘ee.mc.ss AXlaM Por' IR-
E\Ie.m{ r\owcur'l'ul S ¢ IR "H»c:} hos . ('ﬁum'l'e.)
urfex’ Bouv\aQ "\6.5 o (‘Fm;‘l’el ch.S"L' ut:t)eot‘ boou&.




A conseguence’ @
Tlhc@re.ws ('H»e Arthmcﬂc—o..u\ frarerfv’ 0‘(, /12)'
T‘\:. sbés:.'i /N o'r IR ;s uh.LouanecQ G.Ao\lé (l.e..
IN hes no upper Lownd).

Pf"OO'P (LIT cou‘tra&u.'étan)‘

Assume IN s boonceR ghove. Thes 67 the
completeness axiom, I x€IR sochthat x=scp /N
Swmce X 15 the l;c.si c.,Hx,r Louqu, x-1 is wo G
upper bound, Se A neN: npnzx-1. Bt theu
X<-r\+') So GJ\& Since h-l-l e-/l\/, X IS ho"} (4 WS

o rcr Boo»ﬁ for /N, Coufra.gl.c:l'ion (1o the claiue
thel x= sup IN). Se N is not bovuded obove.
O



