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Problem 1: Let f : X → Y be a function for which there exist functions g1 : Y → X and
g2 : Y → X such that g1 ◦ f = idX and f ◦ g2 = idY . Show that then f is invertible and that
g1 = g2. (4P)

Problem 2: Show that for all x, y ∈ R

max{x, y} =
1

2
(x + y + |x− y|) and min{x, y} =

1

2
(x + y − |x− y|)

(4P)

Problem 3: Consider the triple F = (R,R,Γ) with

a) Γ = {(x, y) ∈ R× R | x2 + y2 = 1},

b) Γ = {(x, y) ∈ R× R | x = y2 + 1},

c) Γ = {(x, y) ∈ R× R | y = x2 + 1}.

d) Γ = {(x, y) ∈ R× R | sin y = cosx}.

In which of these cases is F a function? Explain! (4P)

Problem 4:

a) Let n ∈ N>0. Find and prove by induction a formula for
∑n

k=1
1

k(k+1 . (2P)

b) Prove by induction the following formula for positive natural n:

n∏
k=2

(
1− 1

k2

)
=

n + 1

2n
.

(2P)

Problem 5: Prove the following statements for all positive natural numbers:

a) 1 + 3 + 5 + · · ·+ (2n− 1) = n2, (2P)

b) 12 + 22 + 32 + · · ·+ n2 = n(n+1)(2n+1)
6 . (2P)


